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Figure S1. The circular frequency as a function of the vibration mode order for different beam models.
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[bookmark: _GoBack]Figure S2. The circular frequency ratio as a function of vibration mode order for (a) flexural vibration and (b) shear vibration.
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Figure S3. The circular frequency as a function of non-local small scale parameter e0 for (a) flexural vibration and (b) shear vibration.
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[bookmark: OLE_LINK8][bookmark: OLE_LINK9]Figure S4. The circular frequency as a function of surface modulus S for (a) flexural vibration and (b) shear vibration.
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Figure S5. The circular frequency as a function of residual surface stress 𝜏0 for (a) flexural vibration and (b) shear vibration.
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Figure S6. The circular frequency as a function of vibration mode order for (a) Euler-Bernoulli and (b) Timoshenko beam models with different Winkler modulus.
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Figure S7. The circular frequency as a function of vibration mode order for different beam models with various Pasternak shear modulus.
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Figure S8. The circular frequency as a function of Pasternak shear modulus for different beam models.
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Figure S9. The circular frequency ratio as a function of Pasternak shear modulus for different beam models.
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Figure S10. The circular frequency as a function of temperature change for different beam models.
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Figure S11. The circular frequency as a function of pre-load for different beam models.
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